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[TocTaHOBKa 3aaadi

Hexaii B m nyHkTax noctadaHHus Aq, ..., A, € a1,...,am OAUHNLD
MPOAYKLii, HaCTUHY SIKOT NOTPIDHO NepeBe3TW JO N CMOXNBAYIB

Bi, ..., B,, 3agoBoabHuBwWwN ix noTpebn by, ..., b,.

[nsi TpaHCnopTyBaHHS NpoAayKuii Bif NOCTa4afibHUKIB 4O CMOXMNBAYIB
MOXKHA 3a4isTu | npoMiKHUX nyHkTiB Dy, ..., D;.

MoTpibHO 3HAKTM ONTUMaNLHWI NAAH TPAHCNOPTYBaHHS NPOAYKUIT, A€
Cik — BUTPATW HA MEPEBE3EHHSA OAUHMLI NPOAYKUIT Big MOCTavasbHMKA
A; po npomixHoro nyHkTy Dy, a ¢,j — BUTPaTW Ha nepeBe3eHHs
OAVHMLI NpoayKuii Bif npoMixxHoro nyHkTy Dy go cnoxusaya B;.
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3MiHHI 3afayi

Xik — KIJIbKICTb MPOAYKLIT, sika NEPEBO3UTLCSA Bif MocTavasibHUKa A;
[0 NPOMDKHOrO NyHKTY Dy

Ykj — KINBKICTE NPOAYKLiT, sika NepeBo3nTLCS Bifj MPOMIKHOIO NYHKTY
Dy po cnoxusaya B;
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PopmyntoBaHHSA 3agadi

m
fr= XZT,iynZO {f(X, y) - Z Z CikXik + Z Z ijykj} (1)

i=1 k=1 k=1 j=1

 xu<a, i=1,...m, (2)

Zykj:bb j:]-a"'ana (3)

k=1
ZXik:Zykj, k:].,,/ (4)
i=1 Jj=1

3apava (1)—(4) € 3apgayeto NiHiliHOro nNporpamyBaHHs
3 (m+ n)x/ 3minHumMmn Ta m + n + | obmexxeHHsAMN

=7 —— = = =R
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LlinboBa dpyHKLis Ta 0OMeEXeHHs

LlinboBa cpyHkuisi (1) 3agae cymapHi BUTPaTh Ha TPaHCMOPTYBaHHS
NPOAYKUIT Bif NOCTAaYaNbHMKIB 4O NPOMIKHUX NMYHKTIB Ta Big
MPOMIDKHUX MYHKTIB 4O CMOXIBaYiB.

ObmexeHHs (2) 03Ha4atoTb HEODXIAHICTD TPAHCMOPTYBaHHS YaCTUHM

NpoAyKUii ai, ..., am, 13 NYHKTIB NOCTa4YaHHS 4O NPOMIKHMX MYHKTIB,
a obmexeHHs (3) - WO cnoXxuBayam NOTPIOHO AOCTABUTN HEODXigHY
npogykuito by, ..., b, 3 NPOMIKHUX MYHKTIB.

ObmexerHs (4) 3agatoTb YMOBM Ha Te, OO BCS Npogykuisi, sika
MPUXOAUTL BIf NOCTAYaJIbHUKIB AO KOXXHOIO MPOMIKHOFO MYHKTY,
byna 0boB's13K0BO BiAgNpaBiEHa CNOXMBaAYaM.
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VYMOBW CYMICHOCT]

ObmexeHHs (2)—(4) € cymiCHUMN, SKLLO BUKOHYETLCS YMOBA:

ia; > ibf (11)

i=1

[na knacnunoi AT3:

n

z;a,- = z;bf (12)

Kaparogosa O.0., Kireas B.P., Poxok B.[]. JocnigxenHs onepadyiii:
Haguy. nocib. — K.: Lentp yubosoi nitepatypu, 2007. — 256 c.
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PopmyntoBaHHSA 3agadi

m / / n
f*— eraiynzo {f(X, y) = Z Z CikXik + Z Z ijykj} (1)

i=1 k=1 k=1 j=1

3a obmexeHb (2)—(4) Ta obmexeHb

m
low E up -
dk S X,'kgdk, k—l,,/ (5)
i=1
Tyt di*v, ..., d*" — minimanshi, a d;”, ..., d/P — makcumansHi
MPOMYCKHI CMPOMOXHOCTI MPOMIXHUX NYHKTIB Dy, ..., D).

3apaqa (1)—(5) € 3agayeto NiHIAHOrO NporpaMyBaHHsi
3 (m+ n)x/ 3aminHumu Ta m + n + 3/ obmexeHHsMY.

v
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[lonaTkoBi 0bMeKeHHs

ObmexeHHs (5) 3agatoTb HUXKHI Ta BEPXHI MEXI
Ha NPOMNYCKHI CMPOMOXHOCTI MPOMDKHUX MYHKTIB.

[x TakoXX MOXXHa 3anmMcaTtu Tak:

d <> v <dP k=11 (5a)
j=1
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VYMOBW CYMICHOCT]

ObmexenHs (2)—(5) € cymicHUMN, SKLLO BUKOHYHOTHCS YMOBU:

m n / n i
Za,- 2 Z bj, Z dLOW S Z bj S Z d;:p (21)
i=1 Jj=1 k=1 Jj=1 k=1

[na knacnunoi AT3:
/ m n i
Z dLOW S Z di = Z bj S Z C]’:p (22)
k=1 i=1 j=1 k=1

Hakoneunnii C.I., Casina C.C. Matematuyne nporpamysanns: Hagu.

nocib. — K.: KHEY, 2003.
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[lonaTkoBi AaHi Ta 3MiHHI

[ns TpaHCnopTyBaHHA NPOAYKLUIT BUKOPMCTOBYIOTHCS | MPOMIXKHNX MYHKTIB
D1, ..., D; 3 miHiManbHUMU d{ow, cees /OW Ta MaKCMMaJibHUMU
dy? d,"”

L s.-.,d" NpONyCKHUMW CNPOMOXXHOCTSIMN.

HeobxigHo

3HaTI ONTUMANBHWI NAAH TPAHCNOPTYBaHHS NPOAYKUiT,
skuin Bukopuctoye D (1 < D < /) npoMidKHUX NyHKTIB.

Hexaii z, — byneBa 3MiHHA, K2 OOPIBHIOE OAVHULL, SIKLLO MPOMIXKHWI
NYyHKT Dy BUKOPUCTOBYETLCA, Ta AOPIBHIOE HYAHO B MPOTUIEIKHOMY
BUNAAKY.
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PopmyntoBaHHSA 3agadi

m / ! n
fr= erg,ilnzo {f(X, y)= Z Z CikXik + Z Z ijykj} (1)

i=1 k=1 k=1 j=1

3a obmexeHb (2)—(4) Ta obmexeHb

d®z, < ZXik <d’z, k=1,...1, (5)

i=1

> 2 =D, (6)

3 (m+ n+1)x/ amiviumn Ta m+ n + 3/ + 1 obmexxeHHaMM.

T = = =T

3apaya (1)—(7) € 3apaqeto byneBoro NiHiiHOrO NporpamyBaHHs J
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[lonaTkoBi 0bMeKeHHs

ObmexerHs (6) 03Ha4atOThb, WO 3afisiHO PiBHO D npoMidKHMX
NYHKTIB, @ obmexeHHst (5) 3a4at0Th A HUX HUXKHI Ta BEPXHI MeXi
Ha NPOMNYCKHI CMPOMOMHOCTI.

ObmexerHs (5) MoxHa 3anucaTmn Tak:

d,I(oka < Zykj < d,fpzk, k = 1, Sy l. (53)
Jj=1
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VYMOBW CYMICHOCT]

ObmexeHHs (2)—(7) € cymiCHUMN, SKLLO BUKOHYIOTHCSI YMOBU:

m n / n /
Z a; Z Z bj, Z d,f’""zk S Z bj S Z d,fpzk. (31)
i=1 k=1 Jj=1 k=1

j=t

/
Y z=D, z=0v1, k=11 (3.2)

k=1
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YactkoBuii Bunagok 1

Jlema 3a

ObmexerHs (2)—(7) € cymicHUMU, SKLIO BUKOHYIOTLCS YMOBM:

D
Em:a, > Xn:bj, Dxd™ < En:bj <> dF.
i=1 j=1 j=1 k=1

Tyt djow = dlev = ... =d/* =d™, a d;?,...,d" snopapkosani
3a cnapatusm d;” > d;P > ... > d)”.
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YacTtkoBuii BUNagoK 2

ObmexerHs (2)—(7) € cymicHUMU, SKLIO BUKOHYIOTLCS YMOBM:

m n

D n
Za,’Eij, ZdIOWSijfDXdﬁp.
1 Jj=1 k=1 Jj=1

=

TyrdP=d =...= d/”p =d"P, a d{ow,..., /OW BMNOPSIAKOBAHI
3a 3pocTaHHaM djow < dlow < ... < dlov.
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1. Po3nogain Ta goctaBka arponpoayKLii

3agaya (1)—(7) Ta ii 4acTkoBI BUNAAKM € aKTyanbHUMU A5t
arponignprueEMCTB NpU PO3MNOAINEHHI Ta 4OCTaBLi NPoAyKUiT Ans
npogaxy abo nepepobku Ha BAACHUX MOTY>KHOCTAX.
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2. MaTepianbHO-TexHIYHI 3acobu

3agaqa (1)—(7) po3Bonsie 3HalT 3aCTOCYBaHHS 415 MOLLYKY
PaLiOHaNIbHOrO po3TallyBaHHs 3aAaHOl KIIbKOCTI CKIagiB 3
ypaxyBaHHAM BU3HAYEHOrO MOJIOKEHHS NOCTAYaNbHUKIB Ta
OTPUMYBAYiB MaTepiasibHO-TEXHIYHIX 3aCODIB HAa TepuTOpIl, Ae BOHU
BUKOHYIOTb CBOI 3aBaaHHs (Tperybenko, 2015).

Pomanuenko I.C., Xaza+osuy O.l., Tperyberko C.C.

MopgentosanHs cuctemu MatepianbHO-TEXHIYHOro 3abesneqenns. — Jlbsib:
HACB 3C Vkpaiun, 2015. — 156 c.
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3. Po3TallyBaHHs Hakonn4yBa4iB eneKTpoeHepril

IpomixHi NyHKTH

A\

[REFGH¥OI)

IMocravaaeHEKH
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nepetunamu. // TexuidHa enektpoguHamika. — 2020. — Me 4. — C. 46-50.
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Kiseleva E., Prytomanova O., Hart L.

Solving a Two-stage Continuous-discrete Problem of Optimal
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Computer Science. De Gruyter. — 2020. — Vol. 10. — P. 124-136.
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3anuTaHHs?

OAKYHO 3A YBATY! |
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